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ABSTRACT

A Smooth Particle Hydrodynamics (SPH) method is employed to simulate the two-phase flow of oil and water in
a reservoir. It is shown that, in comparison to the classical finite difference approach, this method is more stable
and effective at capturing the complex evolution of this category of two-phase flows. The influence of several
smooth functions is explored and it is concluded that the Gaussian function is the best one. After 200 days,
the block water cutoff for the Gaussian function is 0.3, whereas the other functions have a block water cutoff
of 0.8. The effect of various injection ratios on real reservoir production is explored. When 14 and 8 m3/day
is employed, the water breakthrough time is 130 and 170 days, respectively, and the block produces 9246 m3

and 6338 m3 of oil cumulatively over 400 days.
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1 Introduction

The low flow capacity, complex fluid storage mode, and interacting oil-water two-phase flows in shale
oil reservoirs present a slew of issues for the oil industry and economic calculations and analyses [1]. As a
result, it is critical to learn about the reservoir’s specific properties and to master the reservoir flow
model [2,3].

The majority of scholars who study reservoir numerical calculation begin with numerical solutions [4].
The most commonly used numerical simulation methods for analyzing the law of formation oil-water flow
and migration include finite volume, finite element, and other grid-based approaches [5]. The finite volume
method’s calculation accuracy is low, and integration has an impact on variable coupling and the problem,
according to the aforementioned approaches [6,7]. Despite the fact that the finite element method offers
significant advantages in terms of computation accuracy and fit outcomes, it is not widely used.
Preprocessing is difficult, and dealing with complicated boundaries, as well as some convergence
concerns, can be difficult [8,9]. The finite difference approach is inefficient in solving complex boundary
problems or scenarios with steep gradients [10].
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Due to the aforementioned drawbacks of the grid-based technique, researchers have begun to address the
problem by deleting the grid or using nodes directly. SPH is the earliest continuum point-based method for
solving partial differential equations that is fully mess-free and does not require a backdrop mesh [11].

Lucy proposed the SPH method [2]. It portrays the full fluid with a collection of randomly distributed
particles that are capable of monitoring the interface and moving boundaries of the entity. Because particles
aggregate in a manner similar to that of fluids such as liquids [12]. Later on, the SPH approach was applied to
fluid mechanics and solid mechanics. Sliding particle hydrodynamics is one of the most popular Lagrangian
meshless hydrodynamic approaches. It has a significant edge when it comes to large deformations and
multiphase problems. Zhu et al. [13,14] claimed that the SPH approach may be used to correct the state
equation, viscosity, boundary conditions, and kernel function interpolation in order to simulate saturated
and multiphase fluid flow. The effect of the porous media on the modeling process was also looked at.
We can generate an idealistic picture of the actual porous medium by modeling fluid flow through porous
media. Darcy’s law states that the flow velocity is directly proportional to the hydraulic gradient.
Simeunović et al. [15] was the first to apply the Lagrangian SPH approach to single-phase free-surface
flow and Newtonian fluids. Simulating the Poiseuille flow between parallel plates validates the model’s
numerical accuracy. The boundary conditions at the solid-liquid interface are explored in order to verify
various shear strain shear stress ratios [16].

Yang used the average density to update the variable smooth length using the SPH approach in order to
maintain the symmetry of the particle-particle interaction. A pair-search approach called global pairing
search will be employed, as well as a leapfrog method called time integration. A numerical model can be
used to simulate single-phase fluid flow in reservoir porous media. To check the accuracy of the
simulation findings, one-dimensional shock tubes are used. It provides a theoretical foundation for using
the meshless particle approach to analyze reservoir porous media flow [17].

The capacity of the SPH approach to model the migration law of multiphase fluids is unrivaled. In this
study, the SPH approach is used to simulate two-phase oil-water flow and is compared to traditional
numerical simulation. The impacts of various smooth functions, injection production ratios, and formation
pressures are examined in the simulation.

2 Mathematical Model

2.1 Basic Model
The following are some basic assumptions: (1) The fluid in the reservoir only flows in one direction; (2)

The reservoir contains just two phases of oil and water, both of which are miscible; (3) The fluid flow in the
reservoir is isothermal; (4) Ignore the influence of capillary force; and (5) Ignore the influence of gravity.

Continuity equation of oil phase and water phase:
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where: i represents oil phase or water phase; q indicates density, kg/m3; v represents flow velocity, m3/day;
qmi indicates source-sink phase; S indicates saturation; f indicates porosity.

The formation fluid flow obeys Darcy’s law. The expressions of the water phase motion equation and oil
phase motion equation are as follows:

v ¼ �KKri

li
rP (2)

where: K is the formation permeability, mD; Kri is the relative permeability of the phase, mPa·s; li is the
viscosity of the phase, mPa·s.
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Saturation equation:

Sw þ Sg ¼ 1 (3)

2.2 SPH Discretization
SPH is a meshless algorithm in which the computational domain is discrete in comparison to the number

of particles. Two critical steps in the derivation of the SPH approach are the kernel approximation and the
particle approximation. In the SPH formula, the general field variable f(x) evaluated at position xi can be
calculated as

f ðxiÞ ¼
Z
�

f x’
� �

w x’ � xi; h
� �

d’ ¼
X
j2�t

m

qj
f xj
� �

Wij (4)

where Ω is the computational domain. W(x’-x, h) is a kernel function with smooth length h, which usually
needs to be smooth, compact, and normalized to unity to obtain the second-order approximation accuracy. A
general method of constructing the kernel function is given. The particle approximation sums all particles j in
the compact support Ωi. The sum of the domain mj is the mass and density of particle j, respectively.

The gradient of the field variable f(x) at position xi can be calculated by the gradient transferred to the
kernel function.

rf xið Þ ¼
X
j2�t

m

qj
f xj
� � � riWij (5)

where ri is the gradient about particle i. In addition to the above equations, due to their symmetry, two
alternative formulas are often used:
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When the particle approaches the computational domain’s boundary, issues arise as a result of the
reduced support domain, resulting in a loss of accuracy and consistency. Mirror and dynamic particles are
used in this work to assure the uniformity of fluid particles near the border. The references contain
additional information on these two particles [18,19].

In this paper, the Gaussian kernel function is selected. The Gaussian kernel function is sufficiently
smooth. For the case of irregular particle distribution, the calculation is stable, the accuracy is high, and
the numerical speed tends to 0 is very fast.

W R; hð Þ ¼ ade
�R2

(8)

where, ad is
1

ph2
, R is the relative distance between two particles, R ¼ x� x’

�� ��
h

.

2.3 SPH Method Time Integration and Boundary Treatment
The variables defined on the fluid particles are updated by the standard second-order jump time integral,

and the velocity and density of particle i from the previous time step are expressed as vai t � dt=2ð Þ and
qai t � dt=2ð Þ, they need to be modified by the following equation:
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vai tð Þ ¼ vai t � dt
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qai tð Þ ¼ qi t � dt
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where: aai tð Þ is the total acceleration of the previous time step, dqi tð Þ is the derivative of density, it is also the
derivative of the density obtained in the previous time step, intermediate speed vai tð Þ and density qai tð Þ are the
input for this time step, finally, the total acceleration is obtained aai t þ dtð Þ and derivative of density
dqi t þ dtð Þ. Therefore, in this time step, the velocity and position of particle I can be updated as follows:
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The boundary treatment method adopts the dynamic coupling boundary conditions proposed by Shao
et al. [20].

According to the SPH discretization rules and combined with the problem characteristics in this paper,
the oil phase pressure and water phase saturation in Eq. (1) are discretized as follows:
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where: N is the total number of particles in the particle i support domain;mj is the mass of particle j, andWij is
the smooth function of particle j affecting particle i.

3 Numerical Example

The relative permeability curve is shown in Fig. 1. As a result of the preceding theoretical analysis, a
numerical simulation model of a two-dimensional oil-water two-phase system with one injection well and
four production wells of 100 m * 100 m * 10 m is constructed. The water injection well in1 is positioned
in the model’s center, while the remaining four production wells are located at the reservoir’s
four corners, as illustrated in the diagram. According to the manufacturer, the water injection rate is
40 m3/day, the recovery rate is 10 m3/day, and the overall manufacturing duration is 400 days. The
permeability distribution of the model is depicted in Fig. 2. It is instantly clear that the model is
heterogeneous. In this research, the particle spacing is 4 m, and the particles are spread uniformly
throughout the reservoir. The support domain is defined using the Gaussian kernel function.

The physical properties of the material are listed in Table 1, and the relative permeability curve is shown
in Fig. 2. The relative permeability curve is depicted in Fig. 2. The finite difference method can be used to
validate the accuracy of the results produced by this method. As illustrated in Fig. 3, this method’s accuracy is
comparable to that of the finite difference method, with an error of less than 1% for a daily oil production
curve of four single wells. As can be seen, both this method and the finite difference method have a
water breakthrough time of 170 days, which is comparable. Following the water breakthrough, daily oil
production decreased significantly. The final result indicated that, while daily oil production from wells
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P1 and P4 remained constant, daily oil production from wells P2 and P3 decreased to almost zero, which was
consistent with the law that wells P2 and P3 had a higher permeability than wells P1 and P4. This
demonstrates that the SPH method is accurate, does not require meshing, and has a higher degree of
convergence and stability than traditional numerical simulation.

Table 1: Reservoir parameters

Parameters Value

Pressure (MPa) 10

Temperature (°C) 70

Porosity (%) 30

Effective thickness (m) 10

Water volume factor 1.05

Water saturation (%) 20

Water viscosity (cp) 2

Oil viscosity (cp) 1

Figure 1: Relative permeability curve Figure 2: Reservoir example

(a) P1 (b) P2

Figure 3: (Continued)
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4 Sensitivity Analysis

4.1 Influence of Smooth Kernel Function
SPH method itself has high accuracy, but its results are affected by smooth kernel function, which directly

determines the calculation efficiency and accuracy. Lucy [2] used the bell function as the support domain
function. After that, Gaussian kernel function [21], cubic spline function, and quartic spline function [22]
were proposed successively. Using the above example, the reservoir model and parameters are consistent
with the above example, and only the smooth kernel function calculated by the SPH method is changed.

As illustrated in Figs. 4 and 5, various smooth kernel functions have a significant effect on well P1’s
daily oil production and block water cut. The Gaussian function fits the finite difference method perfectly
for this demonstration. The bell function has a 175-day water breakthrough time, while the cubic spline
function has a 170-day water breakthrough time. For the cubic spline function, water breakthrough occurs
after 175 days. After 200 days, the block water cut for the Gaussian function is 0.3, while the block water
cut for the other three functions is 0.8, indicating a significant difference in the block water cut values. It
demonstrates that, in this particular case, the Gaussian function is more appropriate for this simulation.

Figure 4: Comparison of oil production curve of P1 Figure 5: Water cut

(c) P3 (d) P4

Figure 3: Daily oil production comparison of a single well
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4.2 Influence of Injection Production Ratio
The injection production ratio is crucial in calculating the actual production levels of a reservoir. The

injection production ratio is critical for maximizing economic gain. To ensure that the simulation’s other
physical parameters are consistent with the above calculation example, the injection volume is maintained
at 40 m3/day, and the production volumes for each production well are set to 8 m3/day, 10 m3/day,
12 m3/day, and 14 m3/day, respectively, in this paper’s example of the above calculation.

As illustrated in Fig. 6 and 7, the water breakthrough time changes according to the amount of produced
liquid under control. With a production rate of 14 m3/day, the block’s cumulative oil production can reach
9246 m3 in 400 days. If production is increased to 8 m3/day, however, the water breakthrough time is lowered
to 170 days, and the block’s cumulative oil production can reach 6338 m3 in 400 days. As can be shown, the
choice of an appropriate fixed liquid production method has a direct effect on the economic benefits of a piece
of real estate within a given range. This is compatible with conventional wisdom and the method given in this
paper, which illustrates its resilience.

4.3 Influence of Initial Formation Pressure
The initial pressure is a critical factor in determining daily oil production. The initial formation pressure

can be used to evaluate the reservoir’s development potential and more intuitively reflect the reservoir’s oil
phase conductivity. The initial formation pressures of 15 MPa, 20 MPa, 25 MPa, and 30 MPa are used in this
paper for simulation, and the examples above are used to ensure that the other physical parameters match
those in Table 1. The Gaussian function is used in the SPH method.

As illustrated in Fig. 8, when the initial formation pressure varies, the daily oil production of a single
well remains consistent. This is primarily because, even with different initial pressures, oil production is
determined by the pressure difference, as different initial formation pressures cannot affect daily oil
production under conditions of constant liquid production. The water breakthrough time for well P1 has
been maintained at approximately 150 days, and subsequent daily oil production has been maintained at
0.5 m3/day. This is consistent with conventional wisdom, demonstrating the validity of the SPH method
in this paper.

Figure 6: Comparison of oil production of P1 Figure 7: Cumulative oil production in block
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5 Conclusion

(1) This is the first time the SPH method has been applied to two-phase oil-water simulations. In
comparison to the finite difference method, the example results show that this approach is correct, but it
has a higher degree of stability because it does not require the development of a grid.

(2) This article analyzes the smooth kernel functions computed using various SPH algorithms. The
Gaussian function has a block water cutoff of 0.3 at 200 days, while the other three functions have a
block water cutoff of 0.8, with noticeable inaccuracy. It indicates that in this circumstance, the Gaussian
function is more appropriate for the simulation.

(3) This article will evaluate the influence of various injection production ratios on real reservoir output.
When 14 m3/day is established, the water breakthrough time is 130 days, and the cumulative oil production
of the block can reach 9246 m3 in 400 days. When 8 m3/day is established, the period required for water
breakthrough is decreased to 170 days, and the cumulative oil production of the block can reach 6338 m3

in 400 days. This is consistent with conventional wisdom, proving the method’s robustness in this research.

(4) This article examines the effect of initial formation pressure on daily oil production. A single well’s
daily oil production is consistent regardless of initial pressure; well P1’s water breakthrough time is always
around 150 days, and subsequent daily oil production is always 0.5 m3/day. This is consistent with the
objective understanding that the major driver of oil-water two-phase flow is differential pressure in the
reservoir.
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