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ABSTRACT

Traditional thermal power units are continuously replaced by renewable energies, of which fluctuations and
intermittence impose pressure on the frequency stability of the power system. Electrolytic aluminum load (EAL)
accounts for large amount of the local electric loads in some areas. The participation of EAL in local frequency
control has huge application prospects. However, the controller design of EAL is difficult due to the measurement
noise of the system frequency and the nonlinear dynamics of the EAL’s electric power consumption. Focusing
on this problem, this paper proposes a control strategy for EAL to participate in the frequency control. For the
controller design of the EAL system, the system frequency response model is established and the EAL transfer
function model is developed based on the equivalent circuit of EAL. For the problem of load-side frequency
measurement error, the frequency estimation method based on Kalman-filtering is designed. To improve the
performance of EAL in the frequency control, a fuzzy EAL controller is designed. The testing examples show that
the designed Kalman-filter has good performance in de-noising the measured frequency, and the designed fuzzy
controller has better performance in stabilizing system frequency than traditional methods.
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1 Introduction

With the increased renewable energy sources such as wind power and photovoltaic connected
to the power grid, the active power balance of the power system is facing huge challenges. On the
one hand, as renewable energy replaces traditional thermal power units, the proportion of traditional
power generation in the total power generation capacity continuously declines, resulting in a decline
in the system’s active power regulation capability. On the other hand, due to the strong fluctuations of
renewable energy sources, it causes disturbances to the system. The problem of active power imbalance
caused by the penetration of renewable energy is reflected in the anti-peaking characteristics of power
in a longer time scale, and reflected in the frequency stability problem in a short time scale. Since
frequency reflects the active power balance, when the power balance is affected, the frequency will
increase or decrease.

http://dx.doi.org/10.32604/ee.2022.019646
mailto:ysh.young@163.com


1518 EE, 2022, vol.119, no.4

As a method to stabilize the power fluctuation of renewable energy, demand response (DR)
has received more and more attention. DR supports active power balance by adjusting the power
consumption on the demand side [1,2]. DR cannot only reduce the peak-to-valley difference by peak
load shifting [3], but also participate in system frequency control by rapidly adjusting the power
consumption [4]. It is reported that smart home appliances can flexibly respond to the needs of the
power grid through the Internet of Things technology [5], and many research works are published. In
[6], a demand response control strategy of the aggregated inverter ACs for load reduction is proposed.
The inverter AC is modeled based on virtual energy storage system (VESS), based on which the
temperature holding strategy is designed to reduce the electric power of an AC. In [7], an electric water
heater control strategy is proposed based on the dynamic programming and load profile classification,
which allows recognizing the the highest power consumption contributors during the peak periods. In
[8], scalable demand response strategy for domestic hot water heaters is proposed. The strategy is based
on reinforcement learning and is tested by hardware-in-loop experiments.

Beside smart home appliances, electrolytic aluminum load (EAL) plays an important role in DR.
On the one hand, as a typical high energy-consuming industrial load, electrolytic aluminum occupies
a large proportion of the regional electricity loads and has a large regulating capacity [9,10]. On the
other hand, the EAL can be controlled by saturable reactor or terminal voltage to realize flexible
power adjustment, and the response of EAL is very fast [11,12]. The EAL participating in frequency
control can greatly improve the frequency stability of the power system.

Focusing on the EAL participating in frequency control, scholars have carried out a lot of
researches. To improve frequency stability in an isolated system, the authors in [13] proposed a
demand-side frequency control scheme. In [14], to improve load frequency control performance of
EAL, an integrated control strategy is proposed. The authors in [15,16] focus on isolated power systems
with high penetration of wind power, and a frequency control method is proposed in [15] in order
to eliminate the power imbalance. The authors in [17] proposed a hierarchical control architecture
and consider the anode effect in EAL. In [18], the dynamic characteristics of the EAL based on a
field experiment data are modeled. To improve the frequency stability, a load-damping characteristic
control scheme which based on the characteristic of EAL is proposed in [19].

Although a large number of theoretical results have been obtained, the above-mentioned liter-
atures do not consider the process of frequency estimation. As a frequency control method on the
demand side, the power system frequency is difficult to obtain like the generator side by measuring the
speed of the generator rotor. However, measuring the frequency by DR faces the measurement noise
problems caused by the electromagnetic transient process. In addition, the above control strategies are
mostly PID-based control strategies [13,14,16,17]. Due to the non-linear characteristics of EAL, the
PID control strategy is difficult to obtain satisfactory results in some cases.

To fill this gap, this paper proposes the Kalman-filtering-based frequency control strategy for the
EAL. The system and measurement noise are greatly reduced through Kalman-filtering. By designing
the fuzzy control strategy, the performance of frequency control by EAL is improved.

The remainder of this paper is organized as follows. In Section 2, system modeling is described. In
Section 3, Kalman-Filtering-based EAL control method is presented. In Section 4, simulation results
are carried out to verify the proposed method. Conclusions are drawn in Section 5.
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2 System Modeling

In this subsection, the controllable EAL model is developed and the system frequency response
model considering EAL is established.

2.1 Modeling of the Controllable EAL
The equivalent circuit of EAL is shown in Fig. 1 [14]. The DC-side components of EAL are the

combination of back electromotive force E and resistance REAL.

Ln:1
REAL

E

VBVALVAH

Figure 1: The equivalent circuit diagram of EAL

where V AH and V AL are the high-voltage and low-voltage side of the load bus, n represents the ratio of
the aluminum plant transformer and L is the saturated reactor inductance value.

The EAL power consumption PEAL can be expressed by Eq. (1):

PEAL = VBIB = VB (VB − E)

REAL

(1)

It can be seen that the power consumption PEAL can be controlled by the DC-side voltage V B. REAL

and E represent the internal resistant and the heat effect during the process of EAL smelting. During
transients, they are assumed as constants. At the same time, the main rectifier circuit is diode-based
full bridges, which is uncontrollable. Therefore, saturable reactor L is the only controllable component
for DC-side voltage V B. In Fig. 1, the saturable reactor is represented as a controllable inductance,
and its value can be controlled by adjusting the control winding current.

Based on the EAL steady flow control system, the EAL can be modelled as a transfer function,
which reflects the relationship between the reference control signal and the actual power output, and
can be formulated by:
ΔPEAL (s)
ΔPEALref (s)

= 1
s2 + as + b

(2)

where a and b are coefficients of the transfer function. Eq. (2) can be transformed into the equivalent
form:

ΔP̈EAL + aΔṖEAL + bΔPEAL = ΔPEALref (3)

Eq. (3) describes the dynamic characteristics of the EAL.

2.2 The Frequency Response Model
Based on the EAL model represented by (3), the system frequency response model considering

EAL can be derived. Fig. 2 shows the diagram of power system frequency response model considering
EAL. The parameters are defined as following:

�f System frequency deviation

K i Integral gain of the secondary frequency control

s The Laplace operator
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R Speed droop parameter

T g Speed governor time constant

�Y Valve/gate position deviation

PSP Power set-point of secondary frequency control

�Pr Deviation of the reheated turbines’ thermal power

�Pm Deviation of the generators’ mechanical power

�Pd Disturbance power. Negative indicating load decreasing, while positive indicating load
increasing.

�PEAL Deviation of EAL power

FHP Fraction of the high pressure turbine section

T r Reheat time constant

T t Turbine time constant

H Inertia of the Generators

D Load-damping factor
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Figure 2: System Frequency response model considering EAL

The system dynamics can be described by a set of differential equations, which are listed as
following:

Ṗsp = −Ki�f (4)

Tg�Ẏ + �Y = −�f
R

+ Psp (5)

Tr�Ṗr + �Pr = FHPTr�Ẏ + �Y (6)

Tt�Ṗm + �Pm = �Pr (7)

2H�ḟ + D�f = �Pm − �Pd − �PEAL (8)

�P̈EAL + a�ṖEAL + b�PEAL = �PEALref (9)
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By some calculation, the above frequency response model can be transformed into the following
state-space form:{

Ẋ=AX+BU+RW
Y=CX+V

(10)

where X is the state vector, Y is the observation vector, U is the control vector, D is the disturbance
vector, W and V are system noise and measurement noise, respectively. Matrix A, B, C and R are
coefficient matrixes. The vectors and matrixes are derived as following:

A =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

−Ki

1
Tg

− 1
Tg

− 1
TgR

FHP

Tg

1
Tr

− FHP

Tg

− 1
Tr

− FHP

TgR
1
Tt

− 1
Tt
1

2H
− D

2H
− 1

2H
1

−b −a

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

B =

⎡
⎢⎢⎢⎢⎢⎢⎢⎣

0
0
0
0
0
0
1

⎤
⎥⎥⎥⎥⎥⎥⎥⎦

, C =

⎡
⎢⎢⎢⎢⎢⎢⎢⎣

0
0
0
0
1
0
0

⎤
⎥⎥⎥⎥⎥⎥⎥⎦

, X =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

Psp

ΔY
ΔPr

ΔPm

Δf
ΔPEALd
ΔṖEAL

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

, Y = Δf ,

U = ΔPEALref, D = ΔPd

To utilize Kalman-filtering method to (10), the continuous state-space function needs to be
transformed into discrete form. The discrete form of matrix A, B, C and R can be derived by the
following calculation:⎧⎪⎪⎨
⎪⎪⎩

AK = I + A · Δt
BK = B · Δt
CK = C
RK = R · Δt

(11)

And the discrete state-space function can be finally obtained:{
Xk = AKXk−1 + BKUk−1+RKWk−1

Yk = CKXk−1+Vk
(12)

where Xk, Yk, Uk, Wk and Vk are discrete form of X, Y, U, W and V.

3 Kalman-Filtering-Based EAL Control Method

In this subsection, the EAL control method is designed. Firstly, the framework of the proposed
method is given, and then the components of the method is introduced in detail.
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3.1 The Framework of the Control Method
The framework of the control method is shown in Fig. 3. The EAL controller consists of Kalman-

filter and EAL fuzzy controller. The measured system frequency �f ∗ contains measurement noises,
which is filtered by the Kalman-filter. The output of the Kalman-filter is the estimated system
frequency f est. which is input to the EAL fuzzy controller. After calculating by the EAL fuzzy
controller, the control output �PEALref is obtained, and delivered to the EAL.

Δf*Kalman 
Filter

EAL Fuzzy 
Controller

EAL Controller

ΔfestΔPEALref

Figure 3: The diagram of the fuzzy controller

The details Kalman-filter and the EAL fuzzy controller are presented as following.

3.2 Kalman-Filtering Method
Kalman-filtering can be used to cope with control problem such as the measurement errors, when

the discrete form of the system state space equation is known [20].

Kalman-filtering method can be divided into two process including prediction process and
correction process. The prediction is to estimate the current state based on the state at the previous
moment, while correction is to integrate the estimated state and the observed state at the current
moment to estimate the optimal state. The whole process can be summarized as following:

X̂′
k = AKX̂k−1 + BKUk−1 (13)

P̂′
k = AKP̂k−1AK

T + qK (14)

Hk = P̂′
kCK

T
(

CKP̂′
kCK

T + rK

)−1

(15)

X̂k = X̂′
k + Hk

(
Yk − CKX̂′

k

)
(16)

P̂k = (I − HkCK) P̂′
k (17)

where AK, BK, CK, Y are defined in Section 2, X̂ and X̂′ represent the posterior state estimate and priori
state estimate, P̂ and P̂′ represent the posterior estimate covariance and priori estimate covariance, H
is the Kalman gain, qK and rK are the covariance matrix of the process noise and measurement noise,
respectively.

3.3 EAL Fuzzy Controller
The EAL Fuzzy controller is adopted herein to control the power consumption of the EAL. The

estimated frequency deviation �f est and the integral of the estimated frequency deviation I integ are
selected as the input of the fuzzy controller, and �PEALref is defined as the output of the fuzzy controller.
The diagram of the fuzzy controller is shown in Fig. 4.
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EAL Fuzzy Controller
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Figure 4: The diagram of the fuzzy controller

The input variables �f est, I integ and the output variable �PEALref are divided into 7 fuzzy subsets,
including Negative Big (NB), Negative Middle (NM), Negative Small (NS), Zero (Z), Positive Small
(PS), Positive Middle (PM), Positive Big (PB). The membership functions for �f est, I integ and �PEALref

are shown in Fig. 5, by which fuzzification and defuzzification can be implemented. The fuzzy tuning
rules between �f est and I integ are listed in Table 1, by which the fuzzification form of �PEALref can be
calculated.
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Figure 5: The membership functions of the fuzzy controller. (a) �f est. (b)I integ. (c) �PEALref
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Table 1: Fuzzy tuning rules for �f est and I integ

�f est

I integ

NB NM NL Z PS PM PB

NB NB NB NM NM NL NL Z
NM NB NM NM NL NL Z PS
NL NM NM NL NL Z PS PS
Z NM NL NL Z PS PS PM
PS NL NL Z PS PS PM PM
PM NL Z PS PS PM PM PB
PB Z PS PS PM PM PB PB

4 Simulation Results
4.1 Experimental Setup

The system frequency response model is developed based on Fig. 2 to verify the effectiveness of
the proposed method. The parameters of the frequency response model are listed in Table 2.

Table 2: Parameters of the frequency response model

Parameters Value

R 0.05
T g 0.2 s
T r 7 s
H 5 s
T t 0.3 s
FHP 0.3
D 1
K i 1.9

4.2 The Performance of EAL in the Frequency Control
In this subsection, the performance of EAL in the frequency control is examined. The system is

supposed to be imposed by step disturbances, of which magnitude denoted by Pdmax. The frequency
control performance with EAL is compared with that without EAL. The simulation results with Pdmax

varying from 0.02 p.u. to 0.08 p.u. are shown in Fig. 6. It can be seen Fig. 6 that EAL participating
in the frequency control can significantly reduce the maximum frequency deviation under different
disturbance magnitudes.
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Figure 6: Simulation results under different magnitudes of frequency step-disturbances. (a) �Pd. (b)
�f without EAL in the frequency conrol. (c) �f with EAL in the frequency conrol. (d) Maximum
frequency drop |�f min| under different values of Pdmax

4.3 Comparison of Different Frequency Estimation Methods
In this subsection, the performance of the Kalman-filtering is examined. To verify the effectiveness

of the Kalman-filtering method, the following 3 cases are compared:

Case 1: the frequency deviation �f is estimated without any de-noising method.

Case 2: the frequency deviation �f is estimated with traditional low-pass-filtering (LPF) method.

Case 3: the frequency deviation �f is estimated by the proposed Kalman-filtering method.

The EAL with fuzzy controller is considered in each case. The system responses of the above
three cases under the continuously varying load disturbances are shown in Fig. 7. It can be seen from
Fig. 7c that the LPF method (Case 2) and the proposed method (Case 3) can significantly reduce the
measurement noise. LPF method (Case 2) leads to delay of the measured frequency, and the measured
frequency is about 0.2 s lagging behind the frequency measured by Kalman filter (Case 3). And the
frequency control performance therefore deteriorates. From Fig. 7b it can be seen that the proposed
Kalman filtering method (Case 3) has better performance in lower the frequency deviation than the
traditional methods (Case 1 and Case 2).
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Case1: Δf estimated without filtering
Case2: Δf estimated by the LPF
Case3: Δf estimated by the Kalman Filter
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Figure 7: The frequency control performances under different �f estimation methods. (a) Power
disturbance �Pd. (b) Actual frequency deviation �f . (c) Estimated frequency deviation �f est. (d) The
power response of the EAL

The reason for the proposed Kalman-filtering (Case 3) better than LPF method (Case 2) lies in
that the proposed method can utilize the system frequency response model, and predict the system
states. Compared with traditional LPF method, the frequency measured by the Kalman filter does
not introduce response delay. It is of significant importance for the controller to quickly receive the
signal, and make response in time. The control performance is therefore improved.
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4.4 Comparison of Different Control Methods of EAL
This subsection is to compare the frequency control performances under different EAL control

methods, in order to verify the effectiveness of the fuzzy EAL controller. The following methods are
compared.

Method 1: Only thermal generation units is considered in the frequency control. The EAL does
not participate in the frequency control.

Method 2: EAL participates in the frequency control with traditional PID control method.

Method 3: EAL participates in the frequency control with the proposed fuzzy controller.

The simulation results of the above 3 methods are shown in Fig. 8. It can be seen from Fig. 8b
that without EAL in the frequency control (Method 1), the maximum drop of the system frequency
is as large as 0.51 Hz. With the traditional PID controller for the EAL (Method 2), the maximum
frequency drop is reduced to about 0.45 Hz. With the proposed fuzzy controller (Method 3), the
frequency deviation can be reduced to as small as 0.34 Hz, which is significantly superior to the other
two methods.

Method 1: EAL does not participate in the frequency control

Method 2: EAL participates in the frequency control with traditional PID controller

Method 3: EAL participates in the frequency control with the proposed controller
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Figure 8: The frequency control performances under different control methods. (a) Power disturbance
�Pd. (b) Actual frequency deviation �f . (c) The power response of the EAL

The reason for the proposed method (Method 3) better than the traditional PID control method
(Method 2) lies in that the proposed method (Method 3) can better adapt to the nonlinear dynamic
characteristics of EAL through fuzzy rules. The controller established by fuzzy rules can imitate the
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process and method of manual control, enhancing the adaptability and intelligence of the control
system.

5 Conclusions

In this paper, Kalman-filtering based fuzzy control method is proposed for the EAL participating
in the system frequency control. The main contributions of this paper can be summarized as following:

1. Kalman-filtering based method is designed for EAL participating in the frequency control of the
power system. Kalman-filtering can precisely estimate system frequency suffered from measurement
noise.

2. Fuzzy control method is adopted for EAL in the system frequency control. Fuzzy controller
can better adapt to the nonlinear dynamic characteristics of EAL through fuzzy rules.

The simulation results show that Kalman-filtering performs well in lowering the measurement
noise, and exhibits more effectiveness than traditional LPF method. The method with Kalman-
filtering can reduce the frequency drop by 0.02 Hz than that without Kalman-filtering. The Fuzzy
controller takes into account the nonlinear dynamic characteristics of EAL, and therefore performs
better than traditional PID methods by lowing the frequency drop by 0.09 Hz. Future work may
be investigating the feasibility proposed method on the other industrial loads, and developing
corresponding controllers.
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